Bonsall and Duncan's book ([1, Theorem 25.6]) exhibits a normal element h + ik of a Banach algebra such that r(h + ik) < \\h + ik\\. In this paper, we will give a simpler example of a normal operator T on a Banach space such that r(T) < \\T\\ . = {0, ± (1 -to), ± (1 -oe), ±(co-oe2)}.
Consider the derivation DT on the Banach space B(C ) (set of all 3 by 3 matrices with the operator norm): DT(X) :-TX -XT. Then since T is normal, DT is a normal operator on B(C ) ([2, Theorem 2.7]). Rosenblum's result then shows that a(DT) = o(T)-o(T)
= {0, ± (1 -to), ± (1 -oe), ±(co-oe2)}.
Therefore, r(DT) = \/3 , where r(DT) is the spectral radius of DT . Since T is normal, it follows, by Corollary 1.1 in [4] , that \\DT\\ -2-RT , where RT is the radius of the smallest disk containing the spectrum of T. Hence, \\DT\\ = 2. That is r(DT) = ^3 < 2 = \\DT\\.
